Abstract: This paper presents an optimization design method for centrifugal compressors based on one-dimensional calculations and analyses. It consists of two parts: (1) centrifugal compressor geometry optimization based on one-dimensional calculations and (2) matching optimization of the vaned diffuser with an impeller based on the required throat area. A low pressure stage centrifugal compressor in a MW level gas turbine is optimized by this method. One-dimensional calculation results show that D3/D2 is too large in the original design, resulting in the low efficiency of the entire stage. Based on the one-dimensional optimization results, the geometry of the diffuser has been redesigned. The outlet diameter of the vaneless diffuser has been reduced, and the original single stage diffuser has been replaced by a tandem vaned diffuser. After optimization, the entire stage pressure ratio is increased by approximately 4%, and the efficiency is increased by approximately 2%.
Introduction
Small gas turbines have been widely used in small aircraft, vehicles, distributed energy systems and other energy applications. A centrifugal compressor has been generally used in small gas turbines because of the high single stage pressure ratio, simple structure, long life and other favorable characteristics. Therefore, research on design optimization methods for centrifugal compressors has
Review of Loss Model
In the past several decades, the empirical loss model for centrifugal compressor has been persistently developed. Each loss model has one or more correlations. This section will review the loss models in the literature.
Impeller Loss Model

Incidence Loss
Incidence loss is caused by the direction of the gas flow diffusing from the blade angle, which greatly affects the compressor performance characteristics at off-design conditions. Galvas [1] developed an equation assuming that the relative velocity component normal to the optimum incidence angle is lost:
where:
Conard [11] suggested that:
where inc f is the incidence coefficient in the range of 0.5 to 0.7.
Aungier [2] also developed an equation for centrifugal compressors with an axial inlet. The incidence loss is computed by: 
Equation (4) is applied at the hub, shroud, and mean surfaces.
Blade Loading Loss
Boundary layer growth in the impeller is highly dependent on the diffusion of the working fluid internal to the impeller itself. Jansen [12] and Coppage [13] proposed an equation for calculating the diffusion factor of the impeller: 0.75
With the diffusion factor calculated by this method, the blade loading loss was expressed as: 2 2 2 0.05
Aungier [2] suggested that the blade loading loss should be computed as the mixing loss derived from the integrated difference between the average and the mass-averaged relative velocity squared for the distorted profiles:
Skin Friction Loss
Skin friction losses are due to shear forces in the boundary layer. The loss model given by Jasen [12] is: 
The equation suggested by Aungier [2] is same as Equation (8) 
where df f is a friction factor depending on the Reynolds number.
Galvas [1] used another equation to calculate the loss: 
Aungier [2] introduced the blade stall limit into the recirculation loss model to improve the previous model at the low flow region:
Oh [3] employed a hyperbolic function in the recirculation loss model:
Japikse [4] thought that prediction of the efficiency at flows of more than ±15% or 20% away from the design point was largely dominated by the empirical specification of the recirculation loss. Therefore, the use of a "bucket" model was suggested to account for the additional loss in off-design conditions. A "bucket" curve is a common approach that uses a piecewise parabola to fit the recirculation loss value. The "bucket" model suggested by Japikse is presented as follows:
where 1 c and 1 b are empirical coefficients. The model consisted of two pieces of second order curves, so the coefficient 1 c has two different values in different situations:
where 1 k and 2 k are empirical coefficients.
Clearance Loss
Significant flow leakage occurs through the gap between the impeller and the casing resulting from the pressure difference between the pressure side and the suction side of the compressor. The correlation for this loss was given by Jasen [12] :
The equation given by Aungier [2] is:
Mixing Loss
The correlation suggested by Johnston and Dean [16] is:
Aungier [2] gave another equation to compute the mixing loss: 
Slip Factor
Due to the finite number of blades, the exit flow angle cannot be the same as the exit blade metal angle. Slip factor is one of the methods used to model the flow deviation. The equation given by Stodola [17] is:
Weisner [18] reviewed the slip factor calculations and gave his own correlation based on the analysis of a number of experiments:
Qiu [19] considered that the flow coefficient at the impeller exit was an important variable for the slip factor and suggested a new slip model: 
Vaneless Diffuser Loss Model
Stanitz [20] suggested an equation to calculate loss in the vaneless diffuser:
Aungier [21] gave a set of equation to calculate the loss in the vaned diffuser. The loss was divided in the vaned diffuser into the following types:
Incidence loss:
Skin friction loss:
Choking loss: 
Wake mixing loss:
Validation of the Loss Model
From the above review, it can be seen that there are many loss models for centrifugal compressor, some of which have two or more correlations. When a performance prediction is made, there are hundreds of combinations to be selected. Before the 1D analysis is completed, an optimum loss model should be chosen. A large number of researchers, including Galvas [1] , Aungier [2] , Oh [3] , and Doustmohammadi [22] , among others, have determined an optimum set of loss models. However, some critical factors have not been well considered. In this section, a new optimum set of loss models will be suggested according to the experimental data.
HPCC is a typical and well-known centrifugal compressor with a vaned diffuser. Its main specifications are shown in Table 1 . Other information can be found in reference [23] . Its experimental data will be used to find the optimum set of loss models. The validation will be divided into two parts as follows: first, the loss model of the impeller and the vaneless diffuser will be discussed; then, the loss model of the vaned diffuser will be examined. 
Validation of the Impeller and Vaneless Diffuser Loss Model
Two classical loss model combinations and the new loss model combination are shown in Table 2 . Figure 1 shows the performance predictions computed by these three combinations for a HPCC impeller. It can see that the pressure ratio results of the new model are greatly improved at all rotational speeds, and the efficiency results of the new model also agree well with the experimental data Figure 1 . Performance prediction of HPCC impeller with a vaneless diffuser.
Validation of the Vaned Diffuser Loss Model
The loss model combination given by Aungier [21] is used to calculate the loss in the vaned diffuser. Comparisons of the 1D calculation results and the experiment data for the HPCC impeller with vaned diffuser are shown in Figure 2 . It can be seen that the 1D calculation results agree well with the experimental data at 100% rotation speed. At off-design speeds and lower rotational speeds, larger errors occur between the 1D result and the experimental data. At 60% rotation speed, the error is greater than 20%. This may occur because the model proposed by Aungier is mainly aimed at the design condition loss calculation. In this study, only the centrifugal compressor performance is examined at the design condition using the 1D calculation, so the Aungier loss model meets the requirement. 
Optimization Results
Results of the 1D Optimization Calculations
The structure of a MW level gas turbine is shown in Figure 3 . The low stage centrifugal compressor is composed of an inlet guide vane, an impeller and a diffuser. Its geometric structure is shown in Figure 4 . The geometric parameters of the centrifugal compressor are considered to be design variables, and the efficiency of the entire stage is considered to be the objective function. The optimization is completed using iSIGHT commercial software by an adaptive simulated annealing algorithm. The optimization procedure is shown in Figure 5 . Figure 6 shows the optimization history, which shows a ladder-like shape similar as the previous work which also used the ASA algorithm [24, 25] . Table 3 shows the parameters comparison between the optimization design and the original design. In both designs, the efficiency at the impeller outlet is very high, at nearly 95%. However, at the outlet of the vaneless and vaned diffusers, the efficiency of the optimization design is much higher than in the original design. This is because the diameter ratio D3/D2 is too large in the original design, resulting in a loss increase in the vaneless diffuser that decreases the efficiency of the entire stage. In the optimization design, the diameter ratio D3/D2 is reduced to a proper value, the loss in the vaneless diffuser is significantly reduced, and the efficiency of the entire stage is obviously improved.
Redesign of the Vaned Diffuser
The 1D optimization results show that to improve the efficiency of a low pressure stage centrifugal compressor, the diameter ratio D3/D2 must be reduced. If D3/D2 is reduced by moving the original vaned diffuser toward the impeller, the throat area of the vaned diffuser will also decrease (as shown in optimization design 1 in Figure 7 ). The reduction of the vaned diffuser throat area will lead to the decrease of the vaned diffuser choke mass flow, which affect the matching of the diffuser and the impeller. To ensure that the performance of the entire stage will be improved after optimization, it is necessary to analyze the matching of the impeller and the vaned diffuser. Caser [9] proposed a method to judge whether the impeller and the vaned diffuser match. If the impeller and the vaned diffuser choke at the same time, the theoretical ratio of the impeller and the diffuser throat areas is:
A A is reduced to 1.043, much close to 1. This indicates that the impeller and diffuser match very well. The throat area of the vaned diffuser is slightly larger than the impeller, which makes the choke mass flow of the optimization design remain consistent with the original design.
The original design and optimization design 2 are simulated by a 3-D CFD code Numeca. The grids are generated by AutoGrid. The grid number of the original design is 1,100,000 and the grid number of optimization design 2 is 1,400,000. An S-A turbulence model is employed. The inlet total temperature, total pressure and flow direction are given at the compressor inlet. A radial equilibrium equation is used at the outlet and the no slip wall is defined for the hub, casing and blade surfaces. 1D calculations are completed for comparison. The calculation results are shown in Figure 8 . Figure 9 shows the meridional streamline chart, which illustrates a large separation vortex in the vaneless diffuser due to large diameter ratio D3/D2 in the original design. The separation vortex in the vaneless diffuser also deteriorates the flow condition at the vaned diffuser inlet, which resultes in the large separation area in the vaned diffuser ( Figure 10 ). In optimization design 2, as the diameter ratio D3/D2 decreases, the separation vortex disappears in the vaneless diffuser. The flow condition at the vaned diffuser inlet is also improved too. Therefore, there is no longer a separation area in the vaned diffuser. 
Conclusions
This paper presents an optimization design method for centrifugal compressors based on one-dimensional calculations and analyses. It consists of two parts: (1) centrifugal compressor geometry optimization based on one-dimensional calculations and (2) matching optimization of the vaned diffuser with the radial compressor impeller based on the required throat area. A low pressure stage centrifugal compressor in a MW level gas turbine is optimized by the method. The conclusions of the study are the follows:
(1) A new set of loss model combinations is presented by reviewing the existing 1D loss models, which contains loss models of the impeller, vaneless diffuser and vaned diffuser. At design speeds, the 1D calculation results agree well with the experiment data; at off-design speeds, especially at low speeds, there is large difference betweent the 1D calculation results and the experiment data. (2) A low pressure stage centrifugal compressor in a MW level gas turbine is optimized by the 1D optimization method based on the iSIGHT software. The optimization results show that too large diameter ratio D3/D2 is the main cause of low efficiency. The Numeca results also show that there is a large vortex in the vaneless diffuser, which also validates the reliability of the 1D calculation results. 
